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Deformation of sandwich beam in a temperature field under the action of
uniformly distributed and sinusoidal local loads is considered. An analytical
view of the loads was set by using functions of Heaviside. To describe
kinematic properties of an asymmetric through thickness of sandwich beam
we have accepted the hypotheses of a broken line as follows: Bernoulli’s
hypothesis is true in the thin bearing layers; Timoshenko’s hypothesis is
true in the compressible through thickness filler with a linear approximation
of displacements through the layer thickness. The kinematic conditions of
simply supported faces of the beam on the immovable in space rigid bases
are presumed on the boundary. The filler's work is taken into account in the
tangential direction. Temperature variations were calculated by the formula
obtained from averaging thermophysical properties of the materials of the
layers through the beam thickness. Stress and strain are related by relations
of the deformation theory of plasticity. By the variational method a system
of differential equilibrium equations has been derived. The solution of the
boundary value problem of thermo-elastoplasticity is reduced to the search
for four functions, namely: deflections and lengthwise displacements of
the medial surfaces of the bearing layers. An analytical solution has been
derived by the method of elastic solutions. In the case of repeated alternating
loading solution using Moskvitin theorem received. Numerical analysis of
solutions is performed for a continuous, locally distributed and repeated
alternating loads. The graphs of stresses and displacements in sandwich
beam under the isothermal and thermal-force loads are given.

Key words: local uniformly distributed and sinusoidal loads, sandwich
elastic-plastic beam, compressible filler, temperature field.
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INTRODUCTION

In recent years, a considerable increase in the demand for the use of layered thin-
walled structural elements in aircraft-, rocket-, machine-, instrument- and shipbuilding,
mining and transportation of energy. This necessitates the development of mathematical
models and methods of their calculation on various types of loads.

In monographs [1,2], various mathematical models of static and dynamic deformation
of multilayered and three-layer structural elements are considered, statements of
boundary-problems are given, and methods for their calculation are presented. The
isothermal dynamic deformation of layered (three-layer) structural elements, including
those connected to an elastic foundation, under the action of continuous and local
loads are investigated in [3—11]. The statements and solution methods of boundary-value
problems on isothermal deformations, including cyclic ones, of elastoplastic composite
structural elements are presented in [12-19].

In the present work, the statement and an analytical solution of a boundary-value
problem on the cyclic local thermal-force deformation of a three-layer elastoplastic
beam of rectangular cross section with a compressible filler are given. The account of
compressibility allows one to describe the deformation of three-layer beams at thermal-
force loadings more adequately. From the mathematical point of view, this complicates
the problem and increases the numbers of required functions and equilibrium equations.
A numerical test of the solution obtained is performed in the case of a metal-polymer
beam.

1. STATEMENT OF THE BOUNDARY-VALUE PROBLEM

Let us consider a three-layer beam asymmetric across its thickness (Fig. 1). For
its isotropic load-carrying layers, the Bernoulli hypotheses are assumed. On contact
borders, displacements are considered continuous. Materials of the load-carrying layers

are incompressible in the thickness

éq‘ direction, compression of the filler

is taken into account, and strains

z q, are small. A system of coordinates
[ \ ? ? $ $ } x, y, and z is connected to the
! Ji median plane of filler. A surface load
| q(z) and a thermal flow of intensity
I 3| x q;, directed perpendicularly to the
a load-carrying layer [ operate on
( the beam. At its end faces, in
h 2 the first and second load-carrying
! _ layers, forces N,Sl), QS), M;”, N,§2),

-
-

2 2 .
Fig. 1. Design diagram of a three-layer beam with Qz(o) and M:zg " can be given; the

a compressible filler: /, 2 — load-carrying layers; subscript p takes the values 0 and 1,
3 — filler specifying the end face on which the

forces are given; wi(z) and wug(x)

are the deflections and longitudinal displacements of median surfaces of the load-carrying

layers; hy is thickness of a kth layer; hy = 2¢ (k = 1,2,3 is the layer number); by is
width of the beam.

The surface e 2 = —c — hy and contour of the beam are thermally insulated. The

solution of the heat conduction equation is found by the method of averaging the

S
S———+
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thermophysical characteristics of materials across the thickness of the package of a
plate. This allows one to calculate the nonuniform temperature field 7°(z), measured
from some reference temperature 7Ty, by the formula [2]:

qH 1 ct+hy, 1 2 o= (—1)" c+ha\] 202,
T:T{T+§(S+ Vi )_6__ﬁ 5 Cos | s+ i e ,

3 3 3
at
= CL:Z/\tkhk Zpkckhk, H:th~
k=1 =1 =1

where Ay, Cy , and p, are the heat conductivity, heat capacity, and density of the
material of a kth layer, respectively.

The displacements u'k)(z,z) and w'k)(z, z) of layers can be expressed in terms of
four required functions wy(z), ui(x), wy(x), and ug(z) — deflections and longitudinal
displacements of median surfaces of the load-carrying layers and filler:

— in the load-carrying layers

h
ut =y — (z—c—é) Wy, w =wy (c<z< e+ hy),

h
U(2) = Ug — <Z +c+ 5) W2z, w(2) = W2 (UCVhZ S 2 S VC);

— in the filler
1 h z 1 h
(3>:< E) + m (__) 1.2
U 1+c (2u1+4w1,x>+ 1 . 2u2 4w27x ,

1 1
w(3):—(1+z>w1+—<1—i>w2(ucgzéc), (2)
2 c 2 c

where z is the coordinate of the fiber considered, the comma in subscripts designates
differentiation with respect to the coordinate following it.

Components of the stress tensor follow from (2) and Cauchy relations [2]. The
internal forces in layers are expressed as

Nggk) :bo/ag;)dz, M;gk) Zbo/Ug;)Z dz, QY Zbo/Ugd%

hy hy hs

NO =ty [z MY =t [0z d 3)

hs hs

where a;’;), a;i) and crfz’) are components of the stress tensor.

Further, we accept the kinematic boundary conditions of simple support for end faces
of the beam on spatially motion-less rigid supports. Then, in the cross sections z = 0,1
(I is length of the beam), the following requirements have to be obeyed:
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In layers of the core, the following physical equations of state, corresponding to
the Ilyushin theory of small elasto-plastic deformations, with account of temperature, a
valid:

st = 2G4 (1 —wi (e, T))el”, 58 = 2G4(1 — wy(e P, Tp))el?

o® = 3K (W — anTy) (==, 2 k=1,2,3) (5)

where s e® and ¢®, ¢®) are the deviatoric and spherical parts of stress and strain

tensors; s& and e\ are the shear stresses and strains in the filler; Gi(Ty) and Ky (Ty)
are temperature-dependent elastic moduli of the material of a kth layer, calculated by the

linear Bell formula [2]; w("?)(e(k) Ty) is a temperature-dependent nonlinearity (plasticity)

function [2]; 51@) is the intensity of strains; aq is the coelficient of linear thermal
expansion; T} is temperature in a kth layer.

The equilibrium equations in displacements for the beam considered are found by
the Lagrange variational method. It will not be different from that given in [16]. The
difference lies in the nonlinear member, which will contain thermal components instead
of radiation.

To solve such boundary-value problems, approximate or numerical methods have
to be used. Each of them have its own advantages and drawbacks. The approximate
methods, such as the method of elastic solution, are convenient if the analytical solution
of a corresponding problem of elastic theory are known and boundary conditions rather
simple, for example, rigid fixation or hinged supporting. In other cases, more preferable
are numerical methods.

In the case considered, the solution of the corresponding problem of the elasticity
theory is known, therefore, we use the method of elastic solution, which allows one to
present it in the following iterative form:

n n n n n n n n n—1
alul - CL1U2 - CL4U1 yxx CL5U2 YTXT + CL2fw1 T + a3w2 r T 2a6w1 YTLX + a7w2 yxxr pE, )7

n n n n n n n n n—1
—a1Uy + A1Ug — A5UY g — AUz — AW, — A17Wo 1 — AW szza + 2a7w2 sTTT h¢(,_; )7

n n n n n n
_a2u1 T + CL10U2 T + 2a6u1 YTXX + CL6U2 YTXX + allwl yxx CL12’ZU2 a:ca:+
n n n n n—1
+a15w1 sexzr — A16 W9 sozax + agwy; — agWy = ¢ + qt(u )7
n n n n n n
—A3Uq g + A17Ug sz — A7UY ypzr — 20’7”2 sexe — A12W1 yzx + A14Wo sz —

n n n n n—1
—Aa16W1 szzzx + A13Wg ypzzr — AgWq + agWy = gb(u ) (6)

where n is the number of linear approximation. The temperature terms ¢; and coefficients
a; , , aj; are determined considering the temperature dependence of the elastic
parameters of materials across the package thickness:

~m NP L _Lo(Gy)

= bO N 2Cb0 ’ r= 4c2 ’
o = 1_|_ﬁ LO(G3)+L1(G3)_LO(K§)_Ll(Kg)
? 2c 4c 4c? 4c 42

B hi\ Lo (Gs) Li1(Gs) Lo (K?)_) L1 (KB»_)
43 = (1 + 20) 4c 4¢2 + 4c * 4¢c2
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w1y (K + 2 (f) Lo (f;) L gg;)’ W Lo (f;) L if)v
Wb (2[(1+) Lo (2K1+) (C+ %> . hlng(CK;) ) hlLong;) . h1L126(C[2(3+)’

= 0 (L (K7) ~La () o= 050

ag = Lo (K3) _ L (;cq) +L0(f§L) +L2icf§3+)7

o — (1 + Z_) Lo(G) , 11(Ga) , Lo Efg) L iK)
() A Rl i
+% (A1 + hs) — % (hy — ha),

ars = Lo (K ) + Lo (K3) (C N % ) - h%ng(CKJ ) . h%Lol(6K3+ ) . h%L126(C€f§ )7

holo (K3)  hoLi (K3) (1 N @)%0 (Gs) <1 N hg) L1 (Gs)  L2(Gs)

a14 = Ac 4c2 2¢ 4 % 2% 12
h iy (KS)  hLo(Ky)  hile (K5
o =L (1) L (K1) (o ) o PG PR PR
hih
a6 = 155 (Lo (K3) — L2 (K7))
_ hi\ Lo(Gs) Li(Gs) Lo (Ky)  Li(Ky)
ay7 = (1 + %> Py i + 12

4 2

h

1)

’

At the first step of approximation, the nonlinear terms in the additional loads o
RV g0 and ¢ assumed equal to zero (wi,(!) = 0) and further are calculated

from results of the previous iteration:

]‘ w(n— w(n— - 1 w(n— w(n—
funfl):_(Hl( 1)—P1( 1)’96)7 hz 1:_<Hl( 1)+P2( 1)71)7
b() bO

1 — wln— w(n—
qun—l) _ b_ (S‘l'-’(” 1)79636 + HQ( n Tl ( 1)793) ’
0
1 w(n— win— w(n—
i)n—l) _ - (52( 1)7:m: . HQ( n Tz( 1),36) : (7)
0
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where, nonlinear and thermal components of the internal forces in layers [3]

gty _ QEUHOTD L ) Q@) e
! 2C ’ 1 26 2 26 I

(3)w(n—1) w(n— (3)w(n—1)
Hw(n_l) _ NZ Tw(n—l) _ 1 + @ Q(3) (n—1) B M:vz
2 ro02 2c 2 2c

Y

S;"(n—l) _ <C+ %) Nz(l)w(n—l) . Ma(jl)w(n—l) + %Néii)w(n—l) + %MQES)w(n—l)
C

Y

S;)(n—l) _ <C + %) NI(2)w(n71) . Mé?)w(nfl) _ %N{?)w(nl) + %Mé?))w(nl)
C

N£3)w(n—1) Mag3)w(n—l)

o N (Do)
1 9 + 2% + T )
N(B)w(nfl) M(3)U-’(”*1)
Pw(n_l) _ Ve . ol N(z)"-’(”_l)
. 5 e + N, )
4 n-
Nggk)w(nfl) = gbon/ [5&“%}( 1)dZ + 3b0Kk040k/deZ’
h, e

MPwn—1) — —bon/ [6;k)wkz} (n_l)dZ+SbOKka0k/Tkde>

hk hk

2 n—
N®wn-1) — gboag / (2 _gg?’))wg}‘ 1)dz+3bOK3a03 / Tsdz,

h3 h3

2 n—
NZ(3)"-’(TL*1) — gbOG3/ [(252,3) — 8&3))(4)3}( UdZ -+ 3b0K30603/T3d27

hs hs
2
MO — 2y / (252 = e wg] "2z + by Ky / Tyzdz,
hs hs

@W“E%@/wwﬁﬂm MW“EMQ/M%$H%z%ﬂm-

Y

hs h3

Then, boundary conditions (4) become
wZ = uZax = U)Z,m; = 0. (8)

Application of the method of thermo-elastic formulated allows on, at each step of
approximation, to reduce the nonlinear boundary-value problem on thermoplastic bending
of the beam to the corresponding linear (6) with additional loads (7). As a first
approximation, we will take an analytical or numerical solution of the thermo-elasticity
problem for the beam considered.

74 HayyHbir oTgen



E. I. Starovoitov, D. V. Leonenko. Bending of a Sandwich Beam by Local Loads ‘4@

2. ANALYTICAL SOLUTION

The solution of the system of differential equations (6) is sought in the form of
trigonometric series, satisfying boundary conditions (8) automatically:

= Tmx = Tmx
n o __ n n __ n
uy = E Ui, cos <—l ), uy = E Uzmcos< ; ),
m=1

=S (), s = 3w (7). ©)
where UL, Us,,, Wi, W3, are the displacement amphtudes required.

The transverse load and additional forces in layers of the beam are also presented in
the form of trigonometric series:

- I
q= mz:lqm sin <7r77lwc>7 Gm = %/q(z) sin <7r773:> dx,

I 2}&;1 cos <7T77lm:>’ Al = %/h:ﬁ_l(as) oS (m;m) z,
m= 0

= fjlpz;f cos (T, it =3 / p @) cos (7 )z (10)
m= 0

Inserting displacements (9), additional forces (10) into equilibrium equation (6),
we arrive at a system of linear algebraic equations for determining the displacement
amplitudes U}, U3, W' and W3, required:

biUL + boUS + bW+ bWt = pi 1,
boUl + bsUs + bW — by Wh = h L
bsUm + bgUR + bgWh 4+ bgWi = q,, + ¢,
U, — brUs,, + bW, 4 01 Ws,, = gt

(11)

where the coefficients b, depend on the parameter m and temperature through the
coefficients a,,, which are determined in (6):

bl_a1+a4<7rzn> ; bQ:—a1+a5< ;n) ) 532@224—2@6(?)37

™nm ™M\ 3 m ™nm ™M\ 3
by = az—— — @7<—> , by = +a9<T> , b = —aro— +6L6<—> ;

l l [ l
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™m Tmm\ 3 ™m\ 2 Tm\ 4
b= 420 () b= e () Fas () s

T 2 Tm\ 4 Tm\ 2 Tm\ 4
by = G12(T> - a16(T> —as, b= —a14(7) + &13<T> + as.

The solution of system (11) can be presented in determinants or solved numerically.
Then, using formulas (9), the required functions are calculated. Displacements in the
load-carrying layers and filler follow from relations (2), strains — from Cauchy relations,
and stresses — from (5).

3. BEAM IN THE TEMPERATURE FIELD (SINGLE LOADING)

Let the beam be subjected to a transverse load ¢(z) = g9 = const. The coefficients of
its expansion in series are
_ 2o
N mwm
[f the surface load is distributed uniformly on an interval a < z < b (rectangular load),
as on the Fig. I, then its analytical form and expansion coefficients are

1 — cos(mm)) . (12)

m

4(@) = qo(Holb — ) — Hola — ), qn = 20 ( UL ”m“) L (13)

Tm l [
q where Hy(z) is the Heaviside function
Zﬁ and ¢ is loading intensity.
z CI(X)/A/A YO u Suppose that on the surface consider
] K Aq q, the beam acts locally distributed in the
1 M 1oy region 0 < = < b a sinusoidal load ¢(z)
h, Ji | .
| (Fig. 2):
c 3 |
1 | X . (TT
c Ao b q(x) = qoHo(b — x) sin (T) . (14)
by 2 Substituting the load (14) to the
< ! corresponding formula from (10), we
Fig. 2. Design diagram of a three-layer beam obtain expressions for the coefficients
with a local sinusoidal loads Im-
bgor 1 . w(bm—1I) 1 w(bm+ l)}
S _ =1,2,3,..).
i = b1 (m )

Here should return bm # [, in order to avoid division by zero. If m = p, then

l b
2 2 2 b
=210 [ s =) (sin ™) e = 2 [ (1 cos ) o= Y
0 0

Determine the amplitude of the sinusoidal load, whose resultant is statically
equivalent rectangular load acting on the same surface of the web. From the condition

/6 Hay4Hbir oTgen
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of equality of the areas occupied by these loads will receive:

I
1
q = qol// sin (E) dx = =7qp.
[ 2
0

Numerical results. The numerical realization of solution (6), (12)—(3. was carried out
for a three-layer D16T-fluoroplastic-D16T beam, whose mechanical and thermo-plastical
parameters are described in [2]. The relative thicknesses (to the length of beam) were
assumed to be hy = 0.04, hy = 0.02 and hy = 0.18. The heat spent on heating the
external metal layer was neglected owing to its thinness and small thermal capacity.
Temperatures of the load carrying layers were assumed equal to that of the filler in the
locations of their bonding: 77 = T3(c,t), T = T5( ¢, t). The temperature field in the filler
was calculated by formula (1), at h; = 0, ¢, = 5000 J/(m? - s) at the instant of time
t = 60 min. The rated temperature on beam surface was 540 K. The intensity of load
go = °5 MPa. A function of plasticity was adopted in the form proposed in [16].

In Fig. 3 shows the change in deflections (a) and longitudinal displacements (b)
in the first layer along the axis of an elastic beam under the action of the statically
equivalent distributed loads (b = 1): I — rectangular; 2 — sinusoidal (both isothermal);
3 — sinusoidal temperature and force. Here, the maximum move more from a sinusoidal
load. The difference between the curves under isothermal loading is 22 %. Thermal
effects adds another 15 % to the deflection of the sinusoidal load.

0 02 04 06 08 x
Wl ul
0011 N 7 0.0002 -
. 0“‘\‘§ 4{:.- .
‘,“'\\ 1 /4{:,-.
0.02 AN L 0
’%.,‘\\ ~— //
3 "u\\\\ 2 _ //‘.w,.-
-0.03 e ~0.0002
3
—0.04 ~0.0004
0 02 04 06 08 «x

a b
Fig. 3. Deflection w; (a) and longitudinal displacements wu; () in the first layer along the axis
of the statically equivalent distributed loads: /I — rectangular; 2 — sinusoidal (both isothermal);
3 — sinusoidal temperature and force

4. SIGN-VARIABLE LOADING IN A TEMPERATURE FIELD

At a moment t = t;, the beam is instantly unloaded and repeatedly loaded by for-
ces p” and ¢”, of opposite sign, varying with the same law as in the loading from its
natural state. These forces create the fields of displacements w}(x), w{(z), uj(zx), and
wl(x), strain &"W(z,2), &"¥(x,2), and " (x,z), and stresses o”¥)(z, 2), P (x, 2),
and ¢”%(z,z) in kth layer of the beam.

We assume that, during the unloading and subsequent variable loading, temperature
of the body remains constant and coincides with the temperature at the moment of
beginning of unloading at all its points, i.e., T'(z) = T'(z,t1). The elastic moduli of layers
materials are Gp(z) = Gp(T'(2)), and Ki(z) = Kip(T'(2)), and the corresponding
loading trajectories fall into the class of simple ones according to Ilyushin [20].

MexaHnka V4
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For all the stress-strain states and loads considered, we introduce the following
differences, in which the stresses, strains, displacements, and forces with one prime
refer to the state before unloading, but those with two primes — to the second loading
halfcycle:

(k) //(k) o — U/(3) —n(3) 3% __ 0/(3) _n(3) ks« (k) 1(k)

8(

( _
T T x 9 z O-IZ - Tz Tz T - gx € T
@By« 3 _n®) By« a3 _n@®3) R N
€ = &, €20 Exp T &g € pzy UL = Uy Uy, Wy =Wy Wy,
* / " * / / * / "
Uy = Uy — Uy, Wyt =why—wy, ¢ = ¢ —q¢" (k=1,23). (15)

For the stresses and strains in (15) marked by an asterisk, we assume the following
physical equations of state (5):

s 2Gy (1 — w0 (e 07, e, 50 = 2G4 (1 — W (e B, Ty))eld”

B = 3K (e® — aqyTy) (i=z, 2 k=1,2,3). (16)

According to the Moskvitin theory [21], the universal nonlinearity functions w®) in
the load-carrying layers (16) are expressed in terms of plasticity function loading from
the natural state:

(k)= k)*
0, P <5§),

()« _ 4(k) (k)* (k)* (k) ( (k) _
w7t =W gy , Ty, Afy,ady),  w'(e)”, Th) = { 1, g(k) S 8(k:) '

The physical nonlinearity of filler at the second loading half-cycle, in view of absence
of residual strains from it, is still described by relations (7). As a result, we have

o 9g/®) B _ 9@ @) _ 9y0)

af T Uaﬂ’ aﬁ af
Sg = 25’&3@)7 852* = 25’&% g@ = 2g/®)

Repeating the procedure of derivation of equations of equilibrium for values with
asterisks, will come to the same nonlinear system of differential equations. In the
iterative form of this system will be similar to the system (6):

*M *M *N *M *n *M *n *n *(n—1
U — AU — agU" e — AU e F AW A3WET e — 206W" pan + ATWET pee = DIV,

_alu*?+a1u;n_a5u){n7wx_a9u;nmcw_alowrnaa: a17w*27x a6w1 axa:m+2a7w2 YTXX hz;(n_l)a
_GQUTnm’ + alOu;nax + 2a6u’1‘n7$x1: + a6u2 YTXT + CL11U}1 yxxr a12w2 mc;r+
+a15w1<na$zzm - a16w;nam$$z + a8w1<n - a8w>2k =q+ qw(n 1)7
_a3uinm + al’?u;num - G/?uin’:rxr - 2a7u;nammm - a12w1 YTX + a14w;n>mm_
_alﬁwfnyx:m:x + a13w;nazmxaj - CLBUJITL + a8w;n = 9:,(”71) (17)

Here, n is the approximation number; the coefficients ay, ..., a9 are determined by

formulas (6) at the temperature of unloading. In the add1t1ona1 loads p., (=) pin=h).

qw(" 2 , and gw ), at the first step of approximation, the nonlinear terms are assumed

equal to zero. Further, they are calculated from the results of the previous iteration by

formulas (7), in which the corresponding quantities with asterisks, Hf(”*l)*, H;’("*l)*

b
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, Tf’("*l)*, T;’(”*l)*, S‘f(”*l)*, and S;’(”*l)*, are found from formulas

(11), with addition of the superscript (n"1)*.

[T the kinematic conditions of supporting of the beam at its end faces on spatially
motionless rigid supports are assumed, then, at the sections = = 0,[, the following
requirements have to be obeyed at each step for the displacements marked with asterisks:

P{u(nfl)*’ pQw(nfl)*

*n,

Wit =, = Wi =0 (k=1, 2). (18)

The solution of the system of differential equations (17) is assumed in the form of
trigonometric series, automatically satisfying boundary conditions (18):

uyt = Z U, cos (_m;m)) uy” = Z Us, cos (WT:C),
m=1 m=1

wy” = Z Wi sin (_m;m)) wy* = Z Wi sin (_m;m)) (19)
m=1 m=

where U, Usx, Wi and W3 are the displacements amplitudes required.

The external loads and additional forces marked by asterisks are also presented as
trigonometric series:

l
00 2
G0 = 3 v sin (mlm> ' =7 /qw" V(@) sin (ernx> e
m=1 0
(n—1)x _ (n=1)* <7Tm$> (n—1)% 2 e <m>
gl mz:lgwm S / v Jom l Yoo (x) St l o

/pwnl)*(m) cos (@) dz. (20)

Inserting displacements (19) and forces (20) into (17), we obtain a system of linear

algebraic equations for determin-ing the displacement amplitudes U7, Us", Wi, and
Won which does not differ in its form from system (11) if asterisks are added to

superscripts in the latter one.

After solving the system obtained, the displacements required, marked by asterisks,
are calculated. The corresponding solution of the problem on deformation of the beam
during the second half-cycle are found from relations (15) with account of solution (19):

up(r, 2) = w2, 2) —up(z, 2),  wy(z, 2) = wy(w, 2) —wi(w,2) (k=1,2). (21
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Here, the quantities with one prime are the stresses, strains, and displacements in the
beam before unloading, calculated by formulas (9), with primes added to superscripts
in its.

Numerical results. The numerical realization of solution (21), (15)-(19) was carried
out for a three-layer D16T—fluoroplastic-D16T beam, whose mechanical and thermo-
plastical parameters are described in [2]. The temperature field in the filler was
calculated by formula (1), at h; = 0, ¢ = 5000 J/(m? - s) at the instant of time
t = 60 min. The rated temperature on beam surface was 540 K. The intensity of load
go = ~5 MPa.

On Figs. 4 deflections of the first layer in the cross section x = 0.5 of the beam are
shown in relation to the coordinates of endpoints of the interval of the locally distributed
load. We should note that, at repeated sign-variable loading by uniformly distributed or
local rectangular loads, the yield point of the material of load-carrying layers changed
only due to hardening of the material, because temperature after the change in load
sign did not change. Therefore, the maximum deflections in repeated loadings in the
temperature field decreased by 1-2 %; however, in the case of subsequent cyclic changes
in the load, this difference will accumulate.

w, W,

” 2’[
22— o010 e
0.02 L= 7~ e
- 0.005_>=~ S~
0 ﬁ__———;’\ 0
m— 0005~
-0.02 Ceee— T i~ [ | T
e — 0010} = —
—0.04 -0.015 2
0 0.2 0.4 0.6 0.8 b 0 015 030 045 060 «a
a b

Fig. 4. Deflection w; in the middle of beams vs. coordinates b (a) and a (b) of ends of the
interval of locally distributed load: elastic (7), thermoelastoplastic in loading from the natural
state (2'), and thermoplastic in repeated sign-variable loading (2)

5. CONCLUSION

The technique suggested for investigating a variable deformation of three-layer beams
with a compressible filler allows one to take into account the effect of thermal flows
and the physical nonlinearity of layer materials in engineering calculations. Numerical
calculations have shown that their effect on the stresses and displacements in such a
beam is considerable.
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PaccMoTpeHo AedhopMUpoBaHNe TPEXCNONHON 6arnki B TeMMepaTypHOM Mone noA AeACTBIEM NOKaNbHON
pacnpeeneHHoil Harpy3aki1, COCPeS0TOHEHHOI Cibl 1 MOMEHTa. AHaNUTUYECKMIA BUA HArpy30K 3aaBacs
C NOMOLLbHO ChyHKLMIA XeBucaiaa. [nst onucaHmnst KAHeMaTKN HECUMMETPUYHOIO MO TONLYMHE TPEXCNOIHOMO
CTEPXKHSI NPUHSITBI TUNOTE3bI TOMAHOW NIMHWM: B TOHKIX HECYLLMX CMOSIX CpaBeANBbI runoTessl BepHynu;
B CXXUMaEMOM MO TOMLLMHE 3an0HIUTENE BLIMOMHSIETCS runoTe3a TUMOLEHKO C IMHENHO annpokcuMaLmei
MepeMELLEHMIA MO TONLMHE Cost. Y4uTbIBaeTCS paboTa 3anofHUTENSs B TaHreHUManbHOM HanpasneHm. Ha
rpaHuLie NpeLnonaraioTcs KMHeMaTYecKMe yCnoBust CBOOG0LHOM0 ONMPaHIs TOPLIOB CTEPXKHS HA HEMOABIX-
Hble B MPOCTPAHCTBE XECTKNE Onopbl. MiaMeHeHre TemnepaTypbl paccHUTLIBANOCH C MOMOLLBI CHOPMYIbI,
MONyYEHHON NpU OCPELHEHUI TENNOU3NYECKUX CBOICTB MATEpUanoB CNOEB MO TOMWMHE CTEPXHS. Ha-
MPSOKEHUs! U BecpOpMaLiv CBSI3aHb! COOTHOLIEHUSIMU LecpOPMALIMOHHON TeOpIM naacTuiHocT. Cuctema
IMchepepeHUmanbHbIX YpaBHEHIUIA PABHOBECHS MONY4eHa BapUaLiOHHLIM METOLOM. PelueHune kpaesoi 3a-

Hay4rbir oTaen



E. I. Starovoitov, D. V. Leonenko. Bending of a Sandwich Beam by Local Loads ‘4@

[.a41 TepMO-, YNPYronaacTUYHOCTI CBEAEHO K HAXOXAEHMIO YETbIPEX MCKOMBIX (RYHKLIMIA: NporinboB 1 npo-
LONbHBIX NepemeLleHnii CpeAHHbIX NMOBEPXHOCTEN HECYLLMX CNOEB. AHANUTYECKOe PeLleHe MONny4eHo
METOZOM YNpYrix peLeHuii. MpoBeeH ero YCeHHbIA aHann3 B cy4ae HempepbIBHbIX, 0KabHO pacrpe-
L€NEHHbIX, COCPEA0TOHEHHBIX 11 LIMKANYECKIX Harpy3ok. MprneefeHbl rpacpukn 3MEeHEHs HaNpSHKEHMIA 1
nepemeLLEeHuiA B TPEXCNONHOM Garke npu M30TEPMUHECKUX 1 TEPMOCUNOBLIX HarpyaKax.

Kntro4esble cnosa: UnKnnyeckiie nokabHble Harpy3ku, TPEXCoiHas ynpyronnactiyiHas 6anka, CXuMaembli
3anonHuUTeNb, TEMNEPATYPHOE Mofe.

baaeodaprocmu. Paboma svinoanena npu noddepicke Mockosckoeo asuayuoHHo20 UHCMUmy-
ma u Poccuiickoeo HayuHoeo ¢onda (npoexm Ne 14-49-00091).
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